In their paper,1) Ben Dushnik and' E. W. Miller introduced the concept of the reversible partial order and expressed the theorem about this concept. In this Part III, I shall show that the same one is held in the partially ordered abelian semigroup by adding the certain condition. 
In cases (i) and (ii) 
Theorem 2. The following two $p\gamma operties$ of a partial order $P$ defined on an abelian semigroup $S$ are equivalent to each other:
(1) $P$ is reversible.
(2) The dimension of $P$ is 2.
Proof. We shall show first that (1) implies (2) . Suppose that the partial order $P$ defined on $S$ is reversible, and let $Q$ be a partial order defined on $S$ conjugate to $P$ and $Q^{*}$ be the dual order of $Q$ . Then by Theorem 1, $L_{1}=P+Q$ and $L_{2}=P+Q^{*}$ are linear extensions of $P$ and it is obvious that $P$ is realized by linear orders $L_{1}$ and $L_{2}$ .
Next we show that (2) implies (1). Let $L_{1}$ and $L_{2}$ be any two linear orders defined on $S$ which together realize $P$ . We define the other order $Q$ as follows: $a>b$ in $Q$ if and only if $a$ and Theorem 3.3) Let $P$ be a partial order defined on an abelian semigroup $S$ which satisfies the condition $(E)^{4)}$ Then the following three properties of a partial order $P$ are equivalent to each other:
(3) There exists a linear extension of $P$ which is non-separating.
Proof. (1) and (2) are equivalent by Theorem 2.
We show now that (2) implies (3) To show that (3) implies (1) of the subsets of the set $R$ which has the above properties will be called a representation of $P$ . Theorem 4. Let $P$ be a partial order defined on an abelian semigroup $S$ which satisfies the condition $(E)$ . Then the following two proparties are equivalent to each other:
(1) $P$ is reversible. Proof. We shall show (1) implies (4) We prove that (4) 
It is easy to see that $Q$ is the partial order defined on the set and $ab$ are non-comparable in $P$ in spite of $(ab^{2})(ab)=a^{2}b^{8}>$ $a^{2}b^{2}=(ab)(ab),$ $P$ does not satisfy the condition $(E)$ . Now, in $S_{3}^{\prime\prime}$ we define the another order-relation:
$b^{n+1}>b^{n}$ $(n\geqq 1)$ , then we get the non-separating linear extension of $P$ .
But we cannot realize the partial order $p$ by two linear orders.
